QUAN HE SONG SONG
TRONG KHONG GIAN

BAI @ PUO'NG THANG VA MAT PHANG TRONG KHONG GIAN .

I Y LY THUYET CAN NHO

Khai niém mé dau
Miit phang: Nguoi ta thudong biéu dién mot mit phang bang mot hinh binh hanh va dung cac chir cai dat

trong dau ngodc don dé dit tén cho mét phang 4y. Vi du: mét phang (P), mat phang (Q), mat phang («)

, mt phang (f)....

P
B() C

Piém thudc mit phang: Véi mdi diém A va mit phing (P) , chi xdy ra m0t trong hai kha nang sau:

e Diém A thudc mit phang (P),takihiéu Ae(P)
e Diém A khong thudc mit phang (P) hay A ndm ngoai (P), takihiéu Ag(P)
A,

L/ £/

Hinh biéu dién ciia mot hinh trong khong gian:

a) Hinh duoc vé trong mit phang dé gitip ta hinh dung dugc vé mot hinh trong khong gian goi 1a hinh biéu
dién cta hinh khong gian do.
b) Quy tic vé& hinh biéu dién ctia mot hinh trong khong gian: Dé viée v& hinh biéu dién cia mot hinh trong

khong gian duoc thuan lgi va théng nhét, ta quy ude nhu sau:



e DPuong thing dugc biéu dién boi dudng thing. Poan thing dugc biéu dién bai doan thing.

e Hai dudng thing song song (hodc cit nhau) duoc biéu dién boi dudng thing song song (hodc cit
nhau).

e Hinh biéu dién giir nguyén tinh lién thudc giita diém voi dudng thang hodc véi doan thang.

e Nhitng dudng nhin thiy duogc v& bang nét lién, nhirng dudng khong nhin thiy dugc vé& bang nét dut.

Cac tinh chat thira nhan cta hinh hoc khong gian
Do thuc tién, kinh nghiém va quan sat, nguoi ta thira nhan mot so tinh chat sau cta hinh hoc khong gian
e Tinh chat 1: C6 mot va chi mot dudng thang di qua hai diém phan biét cho truéc.
e Tinh chat 2: C6 mot va chi mot mit phang di qua ba diém khéng thang hang cho trudc.
e Tinh chat 3: Tén tai bon diém khdng cuing thugc mot mat phang.
e Tinh chat 4: Néu mot duong thang c6 hai diém phan biét cling thugc mot mat phang thi moi diém
cua duong thang déu thudc mat phang do.
e Tinh chat 5: Néu hai mat phang phan biét c6 mot diém chung thi chiing con c6 mot diém chung
khac nira.
Nhgn xét: Néu hai mat phang phan biét c6 mot diém chung thi chiing c6 mot duong thang chung di
qua diém chung 4y. Puong thang d6 duoc goi la giao tuyén cua hai mat phang.

e Tinh chét 6: Trén mdi mat phang cac, két qua da biét trong hinh hoc phing déu ding.
Mot sé cach xac dinh mat phang
Pinh Iy 1: Cho diém A khong thudc duong thang d . Khi d6 qua diém A va duong thang d c6 mot va
chi mot mat phang, ki hiéu mp (A.d) hoac (Ad).
Pinh Iy 2: Cho hai dudng thang a va b cat nhau. Khi d6 qua a va b c6 mdt va chi mot mat phang, ki
hi¢u 1a mp (a,b).
M6t mit phing hoan toan xac dinh khi biét:
e NOo di qua ba diém khong thang hang.
e N di qua mot diém va mot duong thing khong di qua diém do.
e N6 chira hai dudng thang cat nhau.
Hinh chép va hinh tir dién
Hinh chép: Trong mit phing () cho da gidc 161 AA,...A (n>3).Lay diém S ndm ngoai («). Lan luot

ndi S véicac dinh A, A,,..., A tadugc n tam giac SAA,,SAA,,...,SA A . Hinh gom da giac AA,...A va
n tam giac SAA,,SAA,,...,SA A dugc goi la hinh chop, ki hi¢u la S.AA,.. A,



As

Ta goi S 1a dinh, da gidc AA,...A, la day, cac doan SA,SA,,...,SA, 1a cac canh bén, AA,AA,....AA 1a
cac canh day, cac tam gidc SAA,,SAA,,...,SA A la cac mit bén.
Néu day cta hinh chop 1a mot tam gidc, tir gidc, ngil giac, ...thi hinh chop twong tmg goi 1a hinh chop tam
giac, hinh chop tir gidc, hinh chop ngii giéc, ...
T dién: Cho bon diém A, B,C,D khong cung nim trong mdt mit phang. Hinh gdm bdn tam giac
ABC, ABD, ACD va BCD duoc goi 1a hinh tir dién ABCD (hay goi tat 1a tir dién), ki hiéu 1a ABCD.

A




BN PHAN LOAI VA PHUONG PHAP GIAI TOAN

Dang 1: Xac dinh giao tuyén ciia hai mit phing
Phwong phap: Dé xac dinh giao tuyén cua hai mat phang, ta tim hai diém chung cia ching. Pudng

thang di qua hai diém chung d6 1a giao tuyén.

(7)

AL~ ;
a
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Luwru y: Diém chung cua hai mat phang («)va (3)thuong dugce tim nhu sau:

e Tim hai duong thang a,b 1an luot thudc (ar)va (), dong thoi ching cung nim trong mit phang

(7) nao do; giao diém M =anb la diém chung cua (a)va ().

BAI TAP TU LUAN

Bai tap 1: Cho hinh chop S.ABCD, day ABCD la tr giac c6 cac cap canh d6i khong song song, diém M
thudgc canh SA. Tim giao tuyén cua céc cap mat phang sau day:
a) (SAC) va (SBD) b) (SAC) va (MBD).

¢) (MBC) va (SAD) d) (SAB) va (SCD).

0 e AC < (SAC)

O e(SAC SBD
OGBDC(SBD):> E( )m( )

a) Goi O=ACmBD:>{

Lai c6 S €(SAC)N(SBD) = SO =(SAC)~(SBD).



OeAC C(SAC)

0 (SAC)~(MBD).
O<BDc(MBD) =(SAC) M (MED)

b) O=ACmBD:>{

Va M €(SAC)~(MBD)= OM =(SAC)(MBD).

F eBC C(MBC)

F e(MBC SAD
FEADC(SAD):> E( )r\( )

c) Trong (ABCD) goi F =BC N AD :{

Va M e(MBC)N(SAD) = FM =(MBC)(SAD)
d) Trong (ABCD) goi E=ABNCD taco SE =(SAB)(SCD).

Bai tap 2: Cho t dién ABCD. G 1a trong tAm tam gidc BCD. Tim giao tuyén cta hai mit phang (ACD)
va (GAB).

Loi giai

Ta c6: A la diém chung thir nhét cia (ACD) va (GAB)

Mit khac: G 14 trong tim tam gidc BCD, N la trung diém CD nén N € BG nén N 1a diém
chung thir hai cia (ACD) va (GAB).

Vay giao tuyén cta hai mit phang (ACD) va (GAB) la AN.

Bai tip 3: Cho hinh chép S.ABCD. Goi | 1a trung diém ctia SD, J la diém trén SC va khong tring
trung diém SC . Tim giao tuyén ciia hai mat phing (ABCD) va (AIJ )
Loi giai




Taco: A la diém chung tht nhdt cua (ABCD) va (AlJ)
Hai duong thing 1J va CD cit nhau tai F, con 1J khéng cit BC, AD, AB nén F 1a diém
chung thit hai cia (ABCD) va (AlJ).
Vay giao tuyén ciia (ABCD) va (AlJ)la AF .
Bai tap 4: Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi M, N lan Iuot Ia trung diém
AD va BC. Tim giao tuyén cua hai mat phang (SMN) va (SAC).
Loi giai
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Ta c6: S 1a diém chung thir nhat cia (SMN) va (SAC).
Mit khO 14 giao diém ctia AC va MN nén O € AC,0 € MN do d6 O 1a diém chung tht hai
cla (SMN) va (SAC).
Vy giao tuyén clia hai mit phang (SMN) va (SAC) 1a SO.
Bai tap 5: Cho tir dién ABCD. Goi M, N lan luot 14 trung diém cia AC, CD.Tim giao tuyén cta hai mat
phiang (MBD) va (ABN)
Loi giai

A

B }D
N

C

B la diém chung tht nhét giita hai mit phing (MBD) va (ABN).

Vi M,N lan luot 13 trung diém cia AC, CD nén suy ra AN, DM 14 hai trung tuyén ciia tam
giac ACD. Goi G=AN nDM

G e AN c(ABN )= G €(ABN , ,
{ - = ( ) - ( ) = G 1a diém chung tht hai giira hai mat phang (MBD)

~ |G < DM < (MBD)= G < (MBD)
va (ABN). Vay (ABN)~(MBD)=BG.



BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong

an.

Cau 1:

Cau 2:

Cau 3:

Cau 4:

Cau 5:

Caiu 6:

Mot mit phang hoan toan dugc xac dinh néu biét diéu nao sau day?

A. Mot duong thang va mot diém thudce no. B. Ba diém ma n6 di qua.
C. Ba diém khong thang hang. D. Hai duong thang thudc mit phang.
Loi giai

Mot mat phéng hoan toan dugc xac dinh néu biét ba diém khong thﬁng hang.

Trong cac tinh chit sau, tinh chat nao khéng ding?
A. C6 hai duong thang phan biét cung di qua hai diém phan biét cho trudc.
B. Ton tai 4 diém khong cung thuoc mot mit phang.
C. C6 mot va chi mot mit phang di qua ba diém khong thang hang.
D. Néu mot duong thang di qua hai diém thudc mot mit phing thi moi diém cta dudng thiang
déu thudc mat phang do.
Loi giai
C6 hai duong thang phan biét cung di qua hai diém phan biét cho trude 1a khong ding.
Trong cac m¢nh dé sau, ménh dé nao ding?
A. Hai dudng thing phan biét khong song song thi cheo nhau.
B. Hai duong thang khong c6 diém chung thi chéo nhau.
C. Hai duong thang chéo nhau thi khong c6 diém chung.
D. Hai dudng thing lan luot ndm trén hai mat phang phan biét thi chéo nhau.
Loi giai
Dép an C dung, vi hai dudng thing chéo nhau 13 hai dudng thing khéng ciing nim trong mdt
phang nén ching khong c6 diém chung.
Cho hai dudng thang a va b chéo nhau. Cé bao nhiéu mit phing chira a va song song véi b
A. 0.. B. V6 s0. C. 2. D. 1.
Loi giai
Trong khong gian hai duong thang a va b chéo nhau, c6 mot va chi mot mat phang di qua a
va song song voi b.

Mot hinh chép c6 day 1a ngii gidc c6 s6 canh la

A. 9 canh. B. 10 canh. C. 6 canh. D. 5 canh.
Loi giai

Hinh chép ¢6 s6 canh bén bang s6 canh day nén sd canh ctia hinh chép 1a: 5+5=10.

Mot hinh chép c6 day la ngii giac c6 s6 mat va sé canh 1a

A. 5 mat, 5 canh. B. 6 mat, 5 canh. C. 6mat, 10canh. D. 5 mat, 10canh.
Loi giai

Hinh chép co day la ngii gidc co:

6 mit gdm 5 mit bén va 1 mit day.



Cau 8:

Cau 10:

Cau 11:

10 canh gé)m 5 canh bén va 5 canh day.

Hinh chop c6 16 canh thi c6 bao nhi€éu mat?
A. 10. B. 8. C.7. D. 9.
Loi giai
Hinh chop S.AA,...A,, (N>3) ¢6 n canh bén va n canh day nén c6 2n canh.
Ta co: 2n=16<n=8.
Vay khi @6 hinh chop c6 8 mat bén va 1 mat ddy nén né c6 9 mat.
Cho hinh chép S.ABC. Goi M,N,K,E lan luot Ia trung diém ctia SA,SB,SC,BC . Bn diém

nao sau day dong phang?
A. M ,K,AC. B. M,N,AC. C. M,N,K,C. D. M,N,K,E.

Loi giai

Ta thdy M,K cung thugc mit phang (SAC) nén bén diém M;K;A;C dong phing.

Trong khong gian cho bon diém khéng ddng phang, c6 thé xac dinh nhiéu nhat bao nhiéu mit
phing phan biét tir cac diém do?
A. 3. B. 4. C.2. D. 6.
Loi giai
Trong khong gian, bén diém khong dong phing tao thanh mot hinh tir dién. Vi vay xac dinh
nhiéu nhat bdn mit phang phén biét.
Cho hinh chép S.ABCD véi ABCD la hinh binh hanh. Khi d6 giao tuyén cta hai mdt phang
(SAC) va (SAD) la
A. Puong thang SC.  B. Puong thang SB. C. DPuong thang SD. D. Pudng thiang SA.
Loi giai
Ta thiy (SAC)(SAD)=SA.

Cho hinh chép S.ABCD c¢6 day 1a hinh binh hanh. Goi M , N lan luot 14 trung diém cia AD va
BC. Giao tuyén ctia (SMN) va (SAC) Ia

A. SK (K la trung diém cua AB).

B. SO (O la tam cua hinh binh hanh ABCD).

C. SF (F 1atrung diém cta CD).

D. SD.



Loi giai

Goi O la tamhbh ABCD =O=ACNMN = SO =(SMN)(SAC).

Cau 12: Cho hinh chop S.ABCD c6 day ABCD 1a hinh thang véi day 16n AD, AD =2BC. Goi O 1a
giao diém cua AC va BD. Tim giao tuyén cua hai mét phang (SAC) va (SBD).
A. SA. B. AC. C. sO. D. SD.
Loi gidi

Oe AC,AC C(SAC)
OeBD,BD C(SAC)

Taco: S e(SAC)m(SBD) suy ra { =0 e(SAC)m(SBD).

Nén SO =(SAC)(SBD).

Cau 13: Cho hinh chép tir giac S.ABCD. Giao tuyén ctia hai mat phang (SAB) va (SBC) la

A. SA. B. SB. C.SC. D. AC.
Loi giai

Se(SAB) N (SBC) o | q
Ta co: = SB 1a giao tuyén cua hai mat phang (SAB) va (SBC).

B < (SAB)~(SBC)

Céu 14: Cho hinh chop S.ABCD c6 day la hinh thang ABCD (AD // BC) . Goi M 14 trung diém ctia CD
. Giao tuyén ciia hai mat phang (MSB) va (SAC)léz
A. SP v6i P 1a giao diém cia AB va CD,  B. Sl véi | la giao diém ciia AC va BM .



Cau 15:

Cau 16:

C. SO véi O 1a giao diém caa AC va BD.  D. SJ véi J 1a giao diém cua AM va BD.
Loi giai

Giao tuyén clia hai mit phang (MSB)va (SAC)la SI véi | 1a giao diém cia AC va BM .
Cho hinh chép S.ABCD, biét AC cit BD tai M, AB cit CD tai O. Tim giao tuyén cta hai
mit phang (SAB) va (SCD).
A. SO. B. SM . C. SA. D. SC.

Loi gidi

S

O=ABNCD
Ta cd: < AB (SAB) =0¢ (SAB) m(SCD) )
CDc (SAC)

Lai c6: S (SAB)N(SCD); S #0. Khidé (SAB)(SCD)=SO.

Cho hinh chép S.ABCD c6 day ABCD Ia hinh binh hanh. Goi | va J 1an luot 1a trung diém
ctia SA va SB. Khing dinh ndo sau day sai?
A. (SAB) m( IBC) =1B. B. 1JCD Ia hinh thang.

C. (SBD)~(JCD)=JD. D. (IAC)~(JBD) = AO (O la tim ABCD).

Loi giai



Cau 17:

Cau 18:

Ta c6: (IAC)m(JBD) = (SAC) m(SBD) =S0.
Cho hinh chép S.ABCD ¢6 ACNBD=M, ABNCD=N. Giao tuyén cta hai mit phing
(SAB) va (SCD)lé:
A. SM . B. SA. C. MN. D. SN.
Loi giai

s

N
Ta cé: S 1a diém chung thir nhét cla hai mit phang (SAB) va (SCD).

N e ABc (SAB)

Vi ABNCD =N nén .
NeCDc (SCD)
Do d6 N la diém chung thir hai ctia hai mét phing trén.

Viy SN la giao tuyén ciia hai mit phiang (SAB) va (SCD).
, . 1 .
Cho tur dién ABCD, M 1a trung di€ém cia AB, N la diém trén AC ma AN = 2 AC, P ladiém

2 . ,
trén doan AD ma AP = gAD. Goi E 1a giao diém cia MP va BD, F 1a giao diém cia MN

va BC. Khi dé giao tuyén ciia (BCD) va (CMP) la
A. CP. B. NE. C. MF.
Loi gidi

. CE.

IS



Taco C e(BCD)N(CMP) (1).

E ¢ BD = E ¢(BCD)
EeMP = E (CMP)

(2).

Laico BDmMPzE:{

Tur (1) va (2) = (BCD)~(CMP)=CE.

Ciu 19: Cho béndiém A, B,C,D khong dong phang. Goi 1, K 1an luot 13 trung diém hai doan thaing AD
va BC. IK la giao tuyén cua cip mat phing nao sau day ?
A. (IBC) va (KBD). B.(IBC) va (KCD). C. (IBC) va (KAD). D. (ABI) va (KAD).
Loi giai

|l e AD (KAD) ‘, . ) ,
= | la diém chung thir nhat cua hai mat phang ( IBC) va (KAD) .

| (1BC)

K eBC < (IBC , ,
{ - - ( ) = K 1a diém chung thtr hai cia hai mat phang ( IBC) va (KAD) .

Ke (KAD)
Vay (IBC)m(KAD): IK.
Cau 20: Cho t&r dien ABCD. Goi M, N lan luot 1a trung diém AD va AC. Goi Gla trong tam tam

gidc BCD. Giao tuyén cua hai mét phang (GMN)va (BCD)la duong thing:

A. qua M va song song v&i AB. B. Qua N va song song véi BD.
C. qua G va song song véi CD. D. quaG va song song vdi BC.



Loi giai

Ta co MN la duong trung binh tam giac ACD nén MN//CD .

Taco G e(GMN)(BCD), hai mit phang (ACD) va (BCD) In luot chira DC va MN nén
giao tuyén cta hai mt phang (GMN) va (BCD)la duong thing di qua G va song song véi
CD.

PHAN Il. Cau tric nghiém ding sai. Trong mdi y a), b), c), d) & mdi cau, thi sinh chon dung hoic
sai.

Cau 1: Cho hinh chép S.ABCD co déy Ia hinh thang ABCD (AB //CD).Xét tinh ding sai cta cac
khang dinh sau:

a) Hinh chép S.ABCD c6 4 mat bén.

b) Giao tuyén ciia hai mt phang (SAC) va (SBD) la SO (O 1a giao diém cua AC va BD),
¢) Giao tuyén ciia hai mit phing (SAD) va (SBC) la SI (I la giao diém ciia AD va BC).
d) Giao tuyén cta hai mit phang (SAB) va (SAD) la duong trung binh cia ABCD.

Loi gidi

a) Bung: Hinh chop S.ABCD c6 4 mit bén: (SAB), (SBC), (SCD), (SAD).



Cau 2:

b) Dung: S 1a diém chung thir nht cta hai mat phing (SAC) va (SBD).

Oe AC c(SAC O e(SAC , ,
{ €AC < (SAC)=O¢( ):>O la diém chung thir hai cta hai mat phang (SAC) va

OeBDc(SBD)=>0<(SBD)
(SBD) ——(SAC)\(SBD) = SO.

c) bung: Tuong tu, ta c6 (SAD)(SBC)=SI.
d) Sai: (SAB) m(SAD) =SA ma SA khong phai 1a dudng trung binh ctua hinh thang ABCD.

Cho hinh chép S.ABCD, biét AB cit CD tai E,AC cat BD tai F trong mat phang day. Xét
tinh dung sai cua cac khang dinh sau:
a) Puong thang EF nam trong mat phang ( ABCD).

b) AB lagiao tuyén cua hai mat phang (SAB) va (ABCD).

c) SF la giao tuyén cua hai mat phang (SAB) va (SCD), SE la giao tuyén cua hai mat phang
(SAC) va (SBD).

d) Goi G=EF NAD khi d6, SG giao tuyén cua mat phang (SEF) va mat phang (SAD).
Loi giai

a) Dlng: Ta c6: E=ABNCD = E € AB, AB c(ABCD)= E ¢(ABCD).

Tuong tu: F = ACNBD = F € AC,AC c(ABCD)= F (ABCD). Vay EF c(ABCD).

b) Dung: D& thdy A 1a diém chung cua hai mit phang (SAB) va (ABCD), B ciing la diém
chung cua hai mt phang (SAB) va (ABCD). Suy ra AB =(SAB)(ABCD).

c) Sai: Tim giao tuyén cua (SAB) va (SCD):

D& thdy S 1a diém chung ciia hai mat phang (SAB) va (SCD).



Cau 3:

E < AB, AB  (SAB
Tacé:{ - <(SAB) _ . (sAB)~(SCD). Vay SE = (SAB) (SCD).

EeCD,CDc (SCD)
Tim giao tuyén cia (SAC) va (SBD):
D& thay S 1a diém chung cua hai mat phang (SAC) va (SBD).

F e AC,AC — (SAC
Ta c6: { - <(SAC)_, £ _ (5AC)(SBD). Viy SF —(SAC) (SED).

F BD,BD —(SBD)
d) Dung: Tim giao tuyén cua (SEF) véi (SAD):
D& thay S 1a diém chung cua hai mat phang (SEF) va (SAD).
Trong mit phang (ABCD), goi G=EFNAD.

G < EF ,EF  (SEF
Tacé:{ - (SEF) _ G ¢ (SEF)n (SAD). Vay SG = (SEF)(SAD).

G  AD, AD  (SAD)

Cho ta dién ABCD. Goi I,J lan luot 1a trung diém cua AD,BC, M [a mot diém trén canh
AB,N la mot diém trén canh AC . Khi d6:
a) 1J lagiao tuyén cua hai mat phang (1BC), (JAD).

b) ND la giao tuyén cua hai mit phang (MND), (ADC).
c) Bl lagiao tuyén cua hai mat phang (BCI), (ABD).

d) Giao tuyén cua hai mat phang (1BC),(DMN ) song song véi duong thang 1J .

Loi giai

a) bung: Taco: | AD,ADC(JAD): | e(JAD):> 1J C(JAD);
J eBC,BC C(IBC):>J e(IBC):> 1J C(IBC) . Vay (IBC)m(JAD): 1J.



b) Dung: ND la giao tuyén cua hai mat phang (MND),(ADC).
c) Ding: Bl la giao tuyén cua hai mat phang (BCI),(ABD).
d) Sai: Goi E=DN NClI (trong (ACD)) va F =DM nBI (trong (ABD)).

E < DN,DN — (DMN)

Ta co: {E £1C,1C < (IBC) = E e(DMN)N(IBC) (1)

F € DM,DM  (DMN)

FEBI,BIC(IBC) :Fe(DMN)m(IBC)(Z).

Tuong tu: {

Tur (1) va (2) suyra (DMN)(IBC)=EF . Khi do EF cét 13

Cho ti dién ABCD. Goi M 1a diém trén canh AB,N 14 diém thuoc canh AC sao cho MN
khong song song véi BC. Goi P 1a diém niam trong ABCD. Xét tinh dung sai cua cac khang
dinh sau:

a) MN =(MNP)~(ABC)

b) Giao tuyén cua hai mat phang (MNP),(BCD) la duong thang cat BC

c) Giao tuyén cuia hai mat phang (MNP),(ABD) la dudng thang cat AB va DC

d) Giao tuyén cua hai mat phang (MNP),(ACD) la duong thang cit AB va DC
Loi giai

a) Ping: MN = (MNP)~( ABC)

b) Bung: Trong (ABC) goi H=MNNBC.

Ta o6: {H €MN <(MNP)_ 1 . (MNP)~(BCD) ()

H e BC = (BCD)

Lai ¢6: {:Egﬂgg)):” P < (MNP) (BCD) (2)

Tur (1) va (2) suy ra HP =(MNP)~(BCD)



c) Sai: Trong (BCD) goi K =HPNBD

Ta c6: {E - EEEEI\AAE:\I?): K < (MNP)(ABD) (1)

Lai c6: {m E(A'\g'\f()ABD): M & (MNP)~ (ABD) (2)

Tir (1) va (2) suy ra MK €(MNP)~(ABD).
d) Sai: Trong (BCD) goi F=HKNDC.
Trinh bay tuong ty nhu hai cau trén ta dugc NF =(MNP)( ACD)

PHAN Ill. Cau tric nghiém tra 1&i ngan
Cau 1: Cho tir dién ABCD. Goi M, N 14n luot la trung diém cua cac canh AB va AD . Sb diém chung
ctia hai mit phang (BCD) va (CMN) la bao nhiéu?
Loi giai
A

€T




Cau 2:

Cau 3:

Tacd M,N 1an lwot 1a trung diém cac canh AB, AD.Nén MN 1a duong trung binh tam giac
ABD suyra MN // BD (1). Mt khic: C e (BCD)(CMN) (2)

Tir (1) va (2) suy ra (BCD)((CMN)=Cx véi Cx la duong thing qua C va song song voi
cac duong thang BD,MN |

V4y S6 diém chung cua hai mit phang (BCD) va (CMN) 1a vé sb.

Cho hinh chop S.ABCD c6 ddy ABCD la hinh thang (AB//CD). Goi I,J lan Iuot 13 trung

diém cia AD va BC, G la trong tdm ASAB. Tim giao tuyén cia hai mit phang (SAB) va
(13G)

Loi giai

Af .

B
Ta c6: G la diém chung ctia hai mat phing (SAB) va (1JG). Khi d6 AB = (SAB),1J = (1JG)
va IJ//AB//DC = (SAB)m(IJG) =d diqua G vasong song véi DC .

Cho hinh chép S.ABCD, diy ABCD la tir gidc c6 cac cip canh ddi khong song song. Goi
O=ACNBD,F =BC N AD. Piém M thudc canh SA, tim giao tuyén (d) clia cip mat phing
(MBC) va (SAD)

Loi giai




Cau 4:

Cau 5:

Ta c6: {M < (SAD) n(MEC) — FM = (SAD)~(MBC).

F e(SAD)m(MBC) (F =ADN BC)
Cho hinh chop O.PQRS, c6 day PQRS la hinh thang, day 16n PQ. Goi E,F,G lan Ivot 1a cac
diém trén cac canh OP,PQ,QR. Tim giao tuyén ciia hai mit phang (EFG) v6i midt phang
(OPQ).

Loi giai

= E € (EFG)n(OPQ)

{Ee(EFG)
Ta co
E eOP C(OPQ)

F e (EFG)

Fepoe(opo)™ " < (EFG)N(0PQ). Vay (EFG)n(0PQ) = EF:

Tuong ty {
Trong mit phang (c) cho hinh binh hanh ABCD tAm O, S 1a mot diém khong thudc («). Goi
M,N,P lan lrot 1 trung diém cia BC,CD,SO . Pudng thaing MN céit AB, AD, AC lan luot tai
M,,N,,0,. N6i O,P cit SA tai P, néi M,P, cit SB tai M, ndi N,P, cit SD tai N,. Xac dinh
giao tuyén ctia hai mit phang (MNP) Vi (SAD)

Loi giai




N, € SD = (SAD
Tacé{ze = ):>N2e(SAD)m(MNP).

N, € BN, < (MNP)

{Pl =SA(SAD) b (sAD)(MNP).

P, € PO c(MNP)
Vy giao tuyén clia hai mit phang (SAD) va (MNP) la dudng thang N,B,.

Cho tt dién ABCD c¢6 cac canh bang nhau va bang a. Goi E 1a trung diém AB, F la diém
thudc canh BC sao cho BF =2FC, G la diém thudc canh CD sao cho CG=2GD. Goi N 1a
giao diém cua AD v&i mit phang (EFG). Tinh d6 dai doan giao tuyén NG cua mit phing
(EFG) v6i mat phang (ACD) theo a.

Loi giai

Trong mt phang (BCD) ta goi | = FG N BD, trong mit phang (ADB) ta goi N = 1E ~ AD.
Khi dé: NG :(EFG) m(ACD).
Ap dung dinh 1y Menelaus cho tam giac BCD véi ba diém |,G,F thang hang ta c6:

ID FB GC_1 D _1

— =l= .
IB FC GD B 4
Ap dung dinh 1y Menelaus cho tam giac ABD v&i ba diém |, N, E thang hang ta c6:

ND EA IB ND 1 a
———=12—=—=>ND=—.
NA EB ID NA 4 S)

Ap dung dinh 1y Cosin vao tam gidc NDG ta c6: NG* = ND? + DG? — 2.DN.DG.c0s60°

2 2 2 2
_a’ &’ a’ 192 . 1%
25 9 15 225 15




