Dang 2: Tim giao tuyén ciia hai mit phang. Xac dinh giao diém ciia dwong thang va mit phing

bang cach ké song song

Phwong phap: D¢ xéc dinh giao tuyén cia hai mit phing ta sir dung tinh chat | (y)~(a)=a=a/b
(r)n(B)=b
e D¢ tim giao diém cta dudng thing a va mit phang (P). Ta can tim mdt mat phang (Q) chua
dudng thing a va cat mit phang (P) theo giao tuyén la duong thang A . Khi d6 giao diém cua
dudng thing a va A chinh Ia giao diém cua duong thing a va mit phang (P).

BAI TAP TU LUAN

Bai tap 1: Cho hinh chép S.ABCD ddy ABCD la hinh binh hanh tim H . Mit phing (P) diqua H va
song song v6i (SAB). Tim giao tuyén cua:

a) Mt phang (P) va mit phang (ABCD).

b) Mat phing (P) va mit phang (SBC).

Loi giai

a) Giao tuyén ciia mt phang (P) va mit phang (ABCD).

(P)”(SAB) EF quaH
Ta cé: {(ABCD)(SAB)= AB < (P)n(ABCD)=EF v&i{ EF/AB
(P)n(ABCD)=H E eBC,F € AD

b) Giao tuyén ctia mat phang (P) va mit phing (SBC).

(P)/ (SAB)
Ta c6: {(SBC)(SAB)=SB < (P)n(ABCD)=EK voi

{EK NSC =K
(P)~(SBC)=E

EK 77 SB



Bai tip 2: Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi M 14 diém bt ky trén AB . Goi
() 1a mat phing qua M va song song véi (SBC). Tim giao tuyén cia (o) v6i cit mit cia hinh chop.
Loi gidi

() (SBC) MN ~CD — N
Ta co: {(SBC) (ABCD) = BC < () (ABCD)=MN Vm{ o .
MN / BC

()N (ABCD)=M

(a)(SBC) NP ~SD = P
Mgt khac {(SBC) SCD = SC & (&) ~(SCD) = NP vm{ ” .
NP // SC
a)m SCD
() (SBC) MO  SA —
Hon nita {(SBC) SAB SB@() (SAB) = MQ v6i {MQ;BC 2y
a)m SAB Q

Suy ra m (SAD PQ.

Bai tip 3: Cho hinh hop chit nhit ABCD.AB'C'D’. Goi M,N,P lan luot 13 trung diém cua cic canh
AB,AD, A'D’. Xéc dinh giao tuyén cia (MNP) va cac mit (AB'C'D’),(AAB'B).
Loi giai

Df

Tacé M,N,P lan luot 14 trung diém cic canh AB, AD,AD’.

MN # BD / B'D'
:>{ .~ =(MNP)/(BDDB')
NP // AA' // DD



(MNP) / (BDD'B')
Khi dé: {(BDD'B')"(AB'C'D')=B'D’' < (MNP)~(ABCTD')=PQ voi

{PQ NAB=Q
(MNP)~(AB'CD)=P

PQ/ BD'

Bai tip 4: Cho t dién ABCD c¢6 G 1a trong tAm tam giac BCD. Biét mit phang (a) chira BG va song
song v6i dudng thing AC . Tim giao diém K cua AD va mét phing («).
Loi giai

A

I e(a)m(ACD)
Goi | 1a trung diém ctia CD. Taco { AC // () = (a)n(ACD)=Ix/ AC.
AC < (ACD)

KeAD

KeIXc(a):Ke(a):KzADm(a)

Trong mt phang (ACD) goi IXNAD =K. Ta ¢6 {

Bai tip 5: Cho hinh chép S.ABCD c6 day ABCD 14 hinh thang c6 day 1on 14 AB . Goi M 1a mot diém
trén CD va («) la mét phang qua M va song song véi SA va BC. Tim giao diém Q cta SC va (a).

Loi giai

() # BC,BC < (ABCD)
Ta co = (a)"(ABCD)=MN // BC va N € AB.

M e (a)m(ABCD)



SA/ ()
Goi | 1a giao diém ciia AC va MN taco SAC(SAC) :(a)m(SAC)= Ix /7 SA.
I e(a)m(SAC)

Trong mat phang (SAC) goi Q 1a giao diém cta Ix va SC.

Taco |2 €5C _sC
a0 QeIXc(a):He(a):Q_ ﬁ(a).

Bai tip 6: Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi M,N,P lan Iuot 1a trung diém
cua cac canh AB,AD,SB.
a) Chirng minh BD /#/ (MNP).

b) Tim giao diém cua (MNP) véi BC.
c) Tim giao tuyén cua hai mat phang (MNP) va (SBD).

Léi giai

a) AABD c6 MN Ila duong trung binh nén MN # BD va MN = %BD

BD /# MN
Tac6: {MN < (MNP)= BD /# (MNP)
BD  (MNP)

b) Trong (ABCD) dung H =MN NBC

_|HeBC
Tacod = H =(MNP)nBC
H € MN,MN < (MNP)

P <(SBD)

=PeA.
PE(MNP)

c) Goi A=(MNP)N(SBD) ta cé {

MN # BD
Tac6: {MN < (MNP),(BD)<(SBD)=> A # MN
(MNP)~(SBD) = A



Vay A 1a dudng thing qua P va song song véi MN .
Goi Q=ANSD tadugc (MNP)(SBD)=PQ.

Bai tap 7: Cho hinh chép S.ABCD c6 day 1a mot hinh thang véi day 16n 1a canh AD. Goi M,N,P lan
luot 14 trung diém cua AB,CD,SA.
a) Xac dinh giao diém Q cua canh SD véi (MNP).
b) Ching minh SB,SC cting song song véi (MNP).
¢) Chirng minh MP va NQ cét nhau. Chirng minh giao diém cia MP va NQ, giao diém cua
AB va CD va diém S thang hang.
Lo giai

J
a) Tacd AD/ MN nén AD //(MNP) ma AD c (SAD)

Khi d¢ giao tuyén cua (MNP) va (SAD) la duong thang qua P, song song véi AD , cat SD tai
Q = Q la giao diém ciia SD va (MNP).

b) Tam gidc SAB c6 MP la dwong trung binh nén SB # MP do d6 SB // (MNP).

Theo céch dung diém Q suyra Q 1a trung diém cua SD.

Do d6 NQ la dwong trung binh cua tam gidc SCD suy ra SC /# NQ. Suy ra SC // (MNP).

c) Taco MN 7 PQ (vicung song song véi AD).

AD; BC . AZD — PQ nén MNQP 14 hinh thang.

Mat khac taco PQ :%AD . MN =
Vay MP va NQ c6 thé cat nhau tai | .

Theo cach dyng thi | la mét diém chung cia (SAB) va (SCD). Tuong tu, giao diem J cua
AB va CD ciing la diém chung cua (SAB) va (SCD). Do dé 1,S va J ciing thudc giao tuyén
ciia (SAB) va (SCD). Vay 1,S,J thang hang.

BAI TAP TRAC NGHIEM




PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. M&i cau héi thi sinh chi chon mét phwong

an.

Cau 1:

Cau 3:

Trong cac khing dinh sau, khang dinh nao 1a dung?
A. Néu duong thang d song song mat phang (P) thi trong (P) c6 duy nhat mdt dudng thiang
a song song vai d.
B. Néu duong thang d song song v&i mit phang (P) thi d song song v6i moi dudng thang nam
trong (P).
C. Néu duong thang d song song véi mét phang (P) thi trong (P) ton tai dudng thing a song
song voi d .
D. Néu dudng thing d song song mit phang (P), dudng thing a bét ky ndm trong (P) thi a
va d chéo nhau.

Loi giai
Khéng dinh dang 1a "Néu dudng thang d song song v6i mat phang (P) thi trong (P) ton tai

duong thang a song song véi d ".

Trong khong gian, duong thing a song song véi mét phang (P) néu

a/nb a/nb anb
. . . . . . .ibc(P).
A-az(P) B {bc(P) ¢ {b¢(P) D aéEP;
Loi gidi

Dudng thing a song song v6i mét phang (P) khi va chi khi a khong nim trong (P), ddng thoi

a song song v6i mt duong thang b nam trong (P).

Cho hinh chép S.ABCD, ddy ABCD Ia hinh binh hanh. Giao tuyén cua hai mt phing (SAD)

va (SBC) la duong thing song song véi dudng thing nao sau day?

A. AC. B. DC. C. BD. D. AD.
Loi giai

Giao tuyén ctia 2 miat phing chira 2 duong thang song song voi nhau 1a duong thing di qua 1
diém chung cta 2 mit phiang d6 va song song voi 2 duong thing song song trén.
Ma AD // BC nén giao tuyén cia hai mit phang (SAD) va (SBC) la duong thing qua S va

song song véi AD .



Cau 4:

Cau 5:

Cau 6:

Cho tir dién ABCD. Goi |,J 1an luot 13 trung diém ciia BC va BD. Giao tuyén cua hai mit
phing (AlJ) va (ACD) la duong nao sau day?
A. Puong thang d diqua A va d /7 BC.
B. Puong thing d diqua A va d /BD.
C. Puong thang d diqua A va d #/CD.
D. Puong thing d diqua A va giao diém cua 1J va CD.
Loi giai

D

Goi I,J 1an luot 14 trung diém cua BC va BD nén 1J //CD.
Do d¢ giao tuyén cta (AlJ) v6i (ACD) 1a dudng thing di qua A va song song véi CD.

Cho tir dién ABCD va ba diém P,Q,R lan luot nim trén canh cac AB,CD,BC (khong tring
voi cac dinh cta tr dién ABCD ) sao cho PR//AC. Khi d6 giao tuyén ctia hai mit phang
(PQR) va (ACD) song song v6i dudng thing nao trong céc dudng thing sau?
A. BD. B. CD. C. CB. D. AC.

Loi giai

Q <(PQR) ~(ACD)
PR < (PQR)

AC c (ACD)

PR/ AC

Ta co: nén (PQR) N (ACD)=Qx /# AC

Viy giao tuyén clia hai mit phang (PQR) va (ACD) song song v6i dudng thing AC .

Cho hinh chop S.ABCD c6 day ABCD Ila hinh binh hanh tdm O. Goi M, N, P theo thu tu 1a
trung diém ciia SA, SD va AB. Khing dinh nio sau day diing?



A. (NOM) cét (OPM).
C. (PON)(MNP) = NP.

Taco MN la dudng trung binh cta tam giac SAD suy ra MN// AD. (1)

Va OP la dudng trung binh ctia tam giac BAD suyra OP// AD. (2)

Tur (1),(2) suyra MN//OP//AD = M, N, O, P ddng phang.

Laic6 MP //SB, OP //BC suyra (MNOP)//(SBC) hay (MON)//(SBC).

Cho hinh chép S.ABCD, ddy 1a hinh thang (AB//CD). Goi M 1a trung diém ctia SB. Mit

, . . . SC
phang qua DM |, song song v&i AB cat duong thang SC tai Q. Tinh ti s6 —.

A. % B.2. C. 1. D.

N|[w »|lwm
. QO

Goi () 1a mit phiang qua DM va song song v6i AB.
Vi AB//(a) va AB c(ABCD) nén giao tuyén ciia () va (ABCD) la dudng thing qua D va
song song v&i AB.

Tac6 DC / AB nén DC chinh la giao tuyén ctia ( & ) va (ABCD).

, SC
Do d6 (&) cat SC tai C tucla Q trung véi C nén 5:1.



Cau 8: Cho tir dién ABCD. Goi G,G’ lan luot 13 trong tim J ABD va [JBCD . Khing dinh ndo sau day
la sai?
A. GG'//(ACD). B. GG'//BD. C.GG'//(ABC).  D.GG'//AC.
Loi giai

D

C

Ta c6 GG’ cét mit phang (ABD) tai G. Do d6 GG’ khong thé song song dugc véi BD ndm
trong mit phang (ABD).

Cau 9: Cho hinh chép S.ABCD, day ABCD la tir gidc c6 cac cip canh dbi khong song song. Goi
O=ACNBD,F=BCNAD.DPiém M thudc canh SA. Tim giao tuyén (d) cta cip mit phang

(MBD) va (SAC)

A. d =SO. B. d =SF. C. d=MO. D. d = MF.
Loi giai



2 cb: {M = (SAC) n(MED) — MO = (SAC) ~(MBD).

0 (SAC)n(MBD) (O =AC N BD)

Cau 10: Cho hinh chop S.ABCD c6 day 1a hinh thang ABCD (AB//CD). Goi O 1a giao diém ciia AC

va BD, | 1agiao diém cia AD va BC. Khang dinh nao sau day sai?
)

o
wn
@)

A. Giao tuyén ctia hai mat phang (SAC) va (SBC) 12
B. Giao tuyén cta hai mat phang (SAC) va (SBD) la SO.
C. Giao tuyén ctia hai mit phang (SAD) va (SBC)

D. Giao tuyén ciia hai mat phiang (SID) va (SCO) la SB.

Tac6: S, C 1a hai diém chung cua (SAC) va (SBC) nén A dung.



S, O la hai diém chung cta (SAC) va (SBD) nén B ding.
S, | 1ahai diém chung cta (SAD) va (SBC) nén C ding.
S, A la hai diém chung cia (SID) va (SCO) nén D sai.

Céu 11: Cho hinh chép S.ABCD c6 ddy ABCD 1 hinh binh hanh tim O. Goi M, N, P,Q lan luot 1a trung
diém ctia céc canh AD,BC,SC,SD . Goi («)1a mit phang di qua O va song song v6i mat phing

(SAB). Giao tuyén cta (o) véi cac mit phang (SBC)va (SAD)lan luot la
A. MNva PN B. MNva PQ. C. QP va QM D. NPva MQ.
Loi giai

Vi (a) // (SAB)= () // AB; (&) // SB;(x) I/ SA.

Vi M,N,P,Q lan luot 1a trung diém cta cac canh AD,BC,SC,SD nén
MN / AB; NP/ SB; MQ / SA

(a)/ AB
Ta co: 4 AB < (ABCD) = (a)n(ABCD)=MN qua O
O (a),0 «(ABCD)

(a) /1 SB
SB — (SBC) = ()~ (SBC) = NP # SB
N e(a),N e(SBC)

(a) /1 SA
SAc (SAD) = () ~(SAD) = MQ // SA
M e(a),M e(SAD)

Viy giao tuyén clia () voi cde mit phiang (SBC)va (SAD)lan luot la NPva MQ.

Céu 12: Cho hinh chép S.ABC. Goi M 1 trung diém cua SB, mit phing () diqua M va song song
v6i mit phang (ABC) cat SA,SC lan luot tai N,P . Khing dinh nao ding?



B. MP cit BC.

D. MP //BC.
Loi giai

S

A. (a) khéng tring voi (MNP).
C. MN cit AC.

Theo céch xac dinh mét phang («) tac6 MP / BC.
Cho lang tru tam gidc ABC-A'B'C’. Goi M,N lan luot 1a trung diém cua BB’,CC’. Puodng

Cau 13:
thang qua di qua trong tdm | cta tam giac ABC cat A'B va MN lan luot tai P,Q. Khi d6 ti so

IP

— ban
g 8
3 5 2 5
A. >, B. = c =, D. >
5 2 5 3
Loi giai
A f{ C
1
C¥B
P PN
o
N 1Y

Al ;
g

BF
Qua | ké duong thiang song song v6i BC cit AC,AB tai H,K .
Suyra KH 7/ MN do d6 M,N,K,H,I ddng phing. Goi P=AB~MH,Q=I1PMN.

Ké MD//AB/(D e AB) taduge -+ =B _ 8 = _2
PM DM 1 o 3
2
Dods = HP _2 P _2
Q PM 3 PQ 5



Cau 14: Cho hinh chép S.ABCD c6 day ABCD Ia hinh thang vé1 AB//CD va AB=2CD. Goi G la
) ) . GH .
trong tam cua tam giac SBC,H 14 giao diém ciia DG va (SAC). Ti so ) bang

AT B.

c.z. D. 2.
2 - 5 3

o] w

Loi giai

Goi M 1a trung diém ciia BC,N 1a giao diém cua AC va MD.
Khi do, (SMD) N (SAC)=SN.
Vi DG = (SMD) va DG " (SAC)=H nén H eSN.

Goi E 1a diém d6i xtmg voi D qua C thi tir giac ABED 1 hinh binh hanh. Suy ra EM //AC .
Do d6, N 1a trung diém ctia MD .

Dung dudng thang di qua G song song voi MN va cat SN tai K.

G _KG . HD_DN
SM NM ~ HG KG'

Khi do,

SG NM HD _KG NM ND _,

Suy ra : : = : : =1
SM ND HG NM ND KG
MafltkhélcE:lvéM:lnéng-l-@: @EzE
SM 3 ND 3 HG HG 2
. GH 2
Vidy —=—.
GD 5

PHAN II. Cau tric nghiém dung sai. Trong mdi y a), b), c), d) & méi cau, thi sinh chon dling hoic
sai.



Céu 1:

Cau 2:

Cho hinh chép S.ABCD c6 day ABCD la hinh thang va AB /#CD. Goi M 1a trung diém cua
SD va (P) la mat phing qua M va song song voi (SAB). Xét tinh dung sai cta Cac khang dinh
sau:

a) Mt phang (P) song song véi mat phang (SCD)

b) Buong thang AB song song véi mat phang (P)

¢) Puong thang CD ciing song song v&i mat phang (P)

d) Giao diém cua (P) va SC ladiém N véi N 1a trung diém cia SC

Léi giai

i D
a) Sai: Mt phang (P) cit mat phang (SCD)
b) Ding: Hai mit phang (P) va (SCD) c6 diém M chung. Gia st (P) cat SC tai diém N .
Khi d6 MN =(P)~(SCD) ma (P) /#(SAB) nén AB / (P).
c) Pung: Lai c6 CD / AB,CD & (P) nén CD 7/ (P).
d) Btng: Tir d6 suyra MN #CD, ma M 14 trung diém cua SD nén N 1i trung diém cua SC.
Cho hinh chép S.ABCD day ABCD la hinh binh hanh tdm H . Mt phang (P) diqua H va

song song vai (SAB). Xét tinh dung sai cta cac khang dinh sau:
a) Giao tuyén cua mét phang (P) va mat phang (ABCD) la EF véi E,F lan luot 1a trung diém
cua BC va AD.
b) Giao tuyén cua mat phang (P) va mit phang (SBC) 1a EK vséi K 1a trung diém ciia SD
c) Giao tuyén ciia mt phang (P) va mat phang (SAD) la Fl véi | 1a trung diém cua FE
d) Giao tuyén cua mat phang (P) va mat phang (SBC) la duong thang KE
Loi giai
a) Dling: Taco H 1a mot diém chung cua mat phang (P) va mat phing (ABCD), (P) /7 (SAB)
(ABCD)(SAB) = AB nén giao tuyén cia (P) va (ABCD) la duong thang qua H , song song
v6i AB, cit BC va AD lan luot tai E,F .
Do H latam hinh binh hanh ABCD nén E,F 1a trung diém cia BC va AD.
b) Sai: Theo cach dyng trénta cé (P) va (SBC) c6 diém chung E.



Cau 3:

Mat phang (P) /7 (SAB),(SBC) ~(SAB) =SB nén giao tuyénciia (P) va (SBC) la duong thing
qua E, song song v6i SB, cit SC tai K.Khido EK 1a dudng trung binh caa tam giac SBC
nén K 1a trung diém caa SC.

c) Sai: Tuong ty ta ¢6 giao tuyén cua (P) va (SAD) la duong thang qua F , song song véi SA
vacat SD tai | . Khidé | 1atrung diém cua SD.

d) Piing: Tir céc két qua trénta ¢ (P) ~(ABCD)=EF,(P)n(SAD)=FI, (P)n(SCD)=IK
(P)"(SBC)=KE

Cho hinh chép S.ABCD c¢6 day la hinh binh hanh tim O. Goi M,N lan luot Ia trung diém cua
SB va SC, lay diém P e SA. Xét tinh dang sai ctia céc khang dinh sau:

a) Giao tuyén (SAB) va (SCD) la duong thang d diqua S va song song véi AC va BD.

b) Giao diém SD va (MNP) la R véi R=QN nSD

¢) Ba duong thang PR;MN; AD dbi mot song song

d) OJ // (SAD).

Loi giai

a) Sai: Do AB song song véi CD nén giao tuyén cua (SAB) va (SCD) la dudng thang d di
qua S vasong song véi AB va CD.

b) Pung: Trong mat phing (SAB) kéo dai PM cdt AB tai Q, trong mat phang (PMQR), kéo
dai QN cat SD tai R, giao diem cua SD va (MNP) Ia R.

c) bing: Do 3 mat phiang (MNP);(ABC);(SAD) cét nhau theo 3 giao tuyén la PR;MN; AD
nén chling song song hoic déng quy.

Mat khac : MN /7 AD = MN // AD // PR



Céau 4:

d) bung: Tacd OM la duong trung binh trong tam giac SBD = OM // SD.
Tuong tu ta c6: ON / SA=(OMN) // (SAD).

Mat khac OJ = (OMN)=>0J / (SAD).

Cho ling tru tam gidc ABC.A'B'C’. Goi | va I’ lan luot 1a trung diém cua BC va B'C’. Xét
tinh dung sai cua cac khang dinh sau:

a) Il' / BB’

b) AA'l'l la hinh binh hanh

c) IA" song song (AB'C’).

d) Giao tuyén cia (AB'C’) va (A'BC') la dudng thang di qua giao diém cua hai duong thang
Al A

Léi giai

a) Bung: Taco 1,1 lan luot 1a trung diém cua B'C’ va BC.
Suyra IlI" 1a dwong trung binh cua hinh binh hanh BB'C'C.
Suyra II'=BB" va Il"// BB'.

11" /1 AA'(// BB')

AAI 13 hinh binh hanh. = Al # A",
Il'= AN (=BB) -

b) bung: Ta c6 {
EeAl'Al' (AB'C')

= E=AlN(ABC)
EcAl

c) Sai: Trong (IAAl") goi E=Al'n Al :{

d) Bung: Trong (AA'B'B) goi F = AB'n A'B
F € AB"; AB' c (AB'C’

€ ABLABC(ABC) L agc)m(ABCY) (1)

F e AB;ABc(ABC)
EeAl';Al'c(ABC)

E AB’ ! A!B ! 2
EeA’I;A’IC(A'BC'): €(AB'C')n(ABC') (2)

Tacd E=AI'N A :{
Tir (1) va (2) suyra EF =(AB'C')n(ABC').

HET-




