BAI @ CAC PHEP BIEN POI LUQONG GIAC

I Y LY THUYET CAN NHO

Cong thirc cong
@ sin(a+b)=sinacosb +cosasinb

@ cos(a+b)=cosacosb-sinasinb

tana+tanb
l1-tanatanb

® tan(a+b)=
Cong thirc nhan doéi

@® sin2a=2sinacosa

@ cos2a=2cos’a—-1=1-2sin’a

Cong thirc ha bac

1-cos?2a
2

@ sin‘a=

@ tan’a— 1-cos2a
1+cos2a

Cong thirc bién doi tich thanh tong
@® cosacosh = %[cos(a—b)+cos(a+b)]
@ sinacosh :%[sin(a—b)+sin(a+b)]
Cong thirc bién doi tong thanh tich
a-b

@® sina+sinb = 25inaT+bcosT

@ cosa+cosh= ZCOS%bCOSaT_b

@ sin(a—b)=sinacosb—cosasinb
@ cos(a—b)=cosacosb+sinasinb

tana—tanb

@t -b)=—-——
an(a ) 1+tanatanb

@ cos2a=cos’a—sin‘a

2tana

® tan2a= >
1-tan“a

1+ cos?2a
@ cosPfa="—7-—"7""

® sinasinb=%[cos(a—b)—cos(a+b)]
® cosasinb:%[sin(a+b)—sin(a—b)]
® sina—sinb=2cos‘riT+bsina—;b

® cosa—cosh=-2sin a%bsina—;b



BN PHAN LOAI VA PHUONG PHAP GIAI TOAN

Dang 1: Tinh gia tri biéu thic cha cac gia tri ludng giac

Phwong phap: Sir dung cac cong thirc luong giac dd néu & phan ly thuyét dé giai quyét bai toan

BAI TAP TU LUAN

Bai tap 1: Tinh:

T A N/
a) cos(a+gj biet sina = va —<a<r

&l

1 3T
biét cosa=—-= va 7z<a<?

b)tan| a——
) ( 4]
Loi giai

a) Vi %<a<7z nén cosa<0.
Mt khac, tir sin“a + cos“a =1 suy ra cosa = —/1-sin’a =—, [1— (%

311 —B-1_ J§+3J§_

Ta co: cos(a+ j cosacos - — sinasin = = —@ ——————
6 6 6 3) 2 32 203 6
b) Vi ﬂ<a<3—ﬁ nén sina<0, do do tana:ﬁ>0.
2 cosa
Mt khac: 1+ tan’a = suy ra tana = \/ ——1= L ;—1=22.
cos’a cos‘a [ 1)
3

T
tana—tanz 22 -1 _9_4\5

, T
Ta co: tan(a——): = =
l+tanatan% 1+2421 !

Bai tap 2: Tinh sin sin2a; cos2a; tan2a, biét:

. 1 =z 1 Vs 3

a)sina=—va —<a<nrz b) sina+cosa== va —<a<—
2 2 2 4

Loi giai

T A
a)V1§<a<7z nén cosa<0.
2
1 —

Mit khac: sin’a+cos’a =1 suy ra cosa =—1-sin’a =—



2
sin2a=25inacosa:2-}- —2\/5 :—4\/5; cosZa=1—Zsin2a=1—2.[lj =Z.
3 3 9 3 9
42
Suy ra tan2a=sm2a: 9 =—4\/§.
cos2a 7 7
9

2
b) Ta c6: (sina +cosa)’ =(%J < sin’a+cos’a + 2sinacosa =%
. 1 .
< 1+sin2a=—<sin2a=—-.
4 4

Vi %<a<3—ﬂ nén 7r<2a<3?ﬂ.Dod(’) cos2a<0.

: 3y 7
Mit khac: sin?(2 2(2a)=1 cos2a=—,/1-sin?(2a)=—,[1-| == | =——.
at khac: sin’(2a)+cos?(2a) =1 suy ra N (2a) [ 4] 2

3
sinc2a "4 3 37

cos2a 7 7T 7

4

Do d6:tan2a =

Bai tap 3: Tinh gid tri cua cac biéu thirc sau:

. 1 .z . 1 3
a) sina==va —<a<nz b) sina+cosa== va —<a<—
2 2 2 4
Loi giai
Sin—C0S— +SiN-—C0S—  SiN-—C0S-— + C0S-—Sin—
a) Ta co: A= 15 10 10 15__ 15 10 15 10
2 m . 2m . T« 2r . 2m . T«
COS——C0S— —sSin——sin--  €c0S——C0S— —sin——sin—
15 5 15 5 15 5
sin| —+-— L=
B (15 10)_3'”6_;_1
- 27 ) 7w 1
cos| ——+-—| COsS— —
(15 5) 3 2
, . T T T r (1 .. &« T T Vs
b) Ta c6: B =sin—c0S—C0S—C0S— =| — - 2Sin—C0S— |COS— COS —
32 32 16 8 \2 32 32 16 8
1. V4 V4 T 1.« Vs V4
==sin| 2. — |€c0S—C0S— = —SiN—C0S—C0S—
2 32 6 8 2 16 16 8
=1-28in£COS£COS£=£Sin£COS£21-28in£COS£=ESin£=l-£:£
4 8 8 8 8 8 8 4 8 2 16

Bai tap 4: Rt gon céc biéu thic sau:



a) A=sin(x+14°)sin(x+74°) +sin(x — 76°)sin(x —16°)

sin(a—b) .\ sin(b—c) .\ sin(c—a)

b) B=
cosa.cosb cosb.cosc cosc.cosa

Loi giai

a) Taco A=sin(14°+ x)cos(16° — x) +sin(76° — x)sin (16° — x)

= sin(14° + x)cos(16° — x) + cos(14° + x)sin(16O - x) = sin(14° +16°+ X — x) =sin30° :%.

_sin(a—b) .\ sin(b—c) .\ sin(c—a)

b) A=
cosa.cosb cosb.cosc cosc.cosa

Taco: A=

sina.cosb —sinb.cosa N sinb.cosc —sinc.cosb N sinc.cosa —sina.cosc
cosa.cosbh cosh.cosc cosc.cosa

_sina.cosb sinb.cosa+sinb.cosc sinc.cosb+sinc.cosa sina.cosc
cosa.cosb cosa.cosb cosb.cosc cosh.cosc cosc.cosa C€osc.cosa

=tana—tanb+tanb—-tanc+tanc—-tana=0.

Bai tip 5: Khong dung may tinh cAm tay. Hiy tinh cac gia tri lugng giac sau:

a) c0s795° b) tan7—”
12

Loi giai
a) Tinh cos 795°
Vi 795° = 75° +2.360° = 30° + 45° + 2.360° nén

c0s795° = cos 75° = c0s30° cos45° —sin30%sin45° = ~— = = “—
2 2 2 2 4

b) Tinh tan-~
12

tan” +tan *
tan7—ﬁ:tan(£+zJ: 3 4 =\/§+1=—2—\/§
12 3 1—tan%tan% 1_‘@

Bai tdp 6: Tinh A= cos* - —sin“%

Loi giai

3

Taco: A= (cos2 2 _sin? lj(cosz z +sin2£j —cos? Z —sin2 X —cosZ
12 12 12 12 12 12 6 2

Bai tap 7: Cho cos2x =—g , VOl %< X <%. Tinh sin x,cosx,sin(x+%j,cos(2x—%J.

Loi giai



T T n .
Vi Z<x<E nén sinx>0, cosx>0.

Ap dung cong thurc ha bac, ta c6 :
_— 1-cos2x 9 . 3 ) l+cos2x 1 1
Sin“X=———=—=8INX=—F—— ; C0S"X=———=—=C0SX = ——

= =
2 10 J10 2 10 J10

Theo cong thirc cong, ta co

Sin(x+%J:sinxcos%+cosxsin£:i %Jri__:’)_ 3+\/§: \/30 +3v10

102 10 2 2410 20
cos(Zx—fj:0052xsin£+cos£sin2x:—f.—2+—2.2.i.i:——2.
4 4 4 5 2 2 10 10 10
Bai tap 8: Rut gon cac biéu thirc sau:
.T .27
sin— —sin - 5 77
a) A= S 15 b) B=sin—-sin—+sin—
Vd 2 9 9
COS— —COS——
5 15
Loi giai
Sing_sinzl 2C051(ﬂ.+2ﬂj3inl(”—2ﬂj COSE
2) C = 5 15 _ 2\5 15 2\5 15 __ 6:_00,[5:_\/5
cosf—cosz—” _2sint £+2—” sin - m_2z sin’” 6
5 15 2\5 1 2\5 15 6

b) D =(sin%+sin%[j—sin%ﬂ:25in4—7[.cosz—sin5—7[:sin4—”—sin5—”:0.

Bai tap 9: Pon gian biéu thirc sau:
cosa+ 2cos2a+ cos3a
sina+sin2a+sin3a

T T
cos(a+3j + COS(a—?’j
b) B =

a
cota—cot—

a) A=

¢) C =cosa+cos(a+b)+cos(a+2b)+...+cos(a+nb) (nell)
Loi giai

A (cosa+cos3a)+2cos2a 2cos2acosa+2cos2a 2c0s2a(cosa+1)
a) A= = =

- - - =— - =— =cot2a
(sina+sin3a)+2sin2a  2sin2acosa+2sin2a  2sin2a(cosa+1)
T T T
b) Ta co cos(a + 5) + cos(a _Ej =2C0Sacos— =Cosa va
cosa sin acosa cosasina Sin(a—aj sin a
a cosa 9 9 Y Y 1
cota—cot= = __2__ 2 2 — 2 _ 2

i . a ... a . . a . ..a g
sina smE smasmE sinasinS  sinasinS  Sina



cosa . sin2a

Suy ra B = =-—sinacosa = —

sina

c) Ta co

C.23ing:23in5cosa+23ingcos(a+b)+25ingcos(a+2b)+...+23ingcos(a+ nb)
5 vafron(3-afesn( Jrafesn( 5 a) s T vaesn -5 -a)
=sin| —+a |+sin| ——a |+sin| —+a |+sin| ———a |+sin| —+a |+sin| ———a
2 2 2 2 2 2
+...+5sin Mﬂa +sin —M—a
2 2
sin(%—a)+sin(@+a}=23in(n+1)bcos(n?b—aj

sin(n +1)bcos[nzb— a)

. b
sin—
2

Suyra C =

BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an lwa chon. M&i cau héi thi sinh chi chon mét phwong
an.

Caul: Tinh sin105° ta dugc:

J6 -2 J6 -2 J6+2 J6++/2
A. . B. - . C. : D. - .
4 4 4 4

Loi giai

Cé: sin105° :sin( +45°) sin60°.cos45° + cos60°.sin 45° .

sintos? = Y3 Y2, 142 B+V2
2 2 2 2 4
Ciau?2: Tinh tan105° ta duoc:
—(2+ﬁ). B. 2++/3. C.2-3. D. —(2—\@).
Loi giai
V6 ++2
. 0 —_—
tan105° = 3|n1050 4 erv2 ~(2+43).
cos105” 62 NN
4
Cau 3: Rut gon biéu thirc: cos54° cos4® —cos36° cos86°, ta dugc:
A. c0s50°. B. cos58°. C. sin50°. D. sin58°.

Loi giai



Cau 4:

Cau 5:

Ta c6: c0s54° cos4° — cos36° cos86° = cos54° cos4® —sin54°%sin4° = cos(54° + 4°) = c0s58°

Rut gon biéu thirc COS(X + %) - Cos(x - %) ta dugc

A. 2sinx. B. —J2sinx. C. J2cosx. D. —/2cosx.
Loi giai
T T T T
- - X+ —4+X—— X+=—=X+=—
Ta ¢6: cos| x+ 2 |—cos| x =2 |=—2sin| — 4 4 |gin| —4 4
4 4 2 2

=—2sin x.sin% =—x/§sin X

.y . 5 < R y 377[ N
Gia tri cua biéu thuc COS? bang

J6 ++2 J6 -2 J6+2 J2-46
A. . B. . C. - . D. .
4 4 - 4 4

Loi giai
, 3rx (7[ n ] (7[ 77[]
Ta c6: COS—— =COS| —+ —+27 |=C0S| —+ —
12 2 12 2 12
V4 77r__\/€+x/§

T Ir . .
= C0S—C0S — —Sin=sin— =
2 12 4
Rt gon biéu thirc M = cos*15° —sin*15°.

3
A M =1, E.Mzi. c.M=1 D. M =0.
2 4
Loi giai

Tacd M =cos*15° —sin*15° = (c03215° )2 —(sin215° )2

=(cos*15° —sin*15° )(cos*15° +sin°15° ) = cos”15° — sin*15° = cos(2.15° ) = cos30° = ?

Tinh gia tri cta biéu thie M = c0s10° cos 20° cos40° cos80°.

A M :icosloo. B. M =1c0510°. C.M =1c0510°. D. M :lcosloo.
16 2 4 8

Loi giai
Vi sin10° # 0 nén suy ra
_ 165in10° cos10° cos 20° cos40° cos80° _ 8sin 20° cos 20° cos 40° cos80°
16sin10° 16sin10°
_ 4sin40° cos40°cos80° _ 2sin80°cos80° _ sin160°

165in10° 16sin10°  16sin10°

M

=M




sin20°  2sin10°cos10° 1 0
== ——— =—cos10".
16sin10 16sin10 8

Cau 8: (Cong thuc nao sau day sai?

A. cos(a—b)=sinasinb +cosacosb. B. cos(a+b)=sinasinb—cosacosh.
C. sin(a—b) =sinacosb—cosasinb. D. sin(a+b)=sinacosb + cosasinb.
Loi giai

Ta c6 cos(a+b)=cosacosb—sinasinb.

Cau 9: Khang dinh nao sai trong cac khang dinh sau?

A. cosba = cos’3a—sin?3a. B. cos6a =1-2sin’3a.
C. cosba =1-6sina. D. cos6a =2cos*3a—1.
Loi giai

Ap dung cong thirc cos2a =cos’a —sin*a =2c0s’ a —1=1-2sin’ «, ta duoc
cosba =cos’3a—sin®3a=2cos’3a—-1=1-2sin’3a.

Céu 10: Khing dinh nao sai trong cac khang dinh sau?

A. sin2x=m. B. coszx:%.
. . X X 3 . 3
C. smx=25|nEcosE. D. cos3x =C0s” X —sin® X.
Loi giai
Ta c6 €0S3X = 4c0s’> X —3C0SX.
Céu 11: Khing dinh nao dang trong cac khang dinh sau?
A. sina+cosa = \/Esin(a—%j. B. sina+cosa = \/Esin(a+%j.
C. sina+cosa=— Zsm(a—zj. D. sma+cosa:—\/§sm(a+zj.
Loi giai
Ta cé: Sina+cosa = \/Esin(a+%j.
Cau 12: C6 bao nhiéu dang thirc dudi day 1a dong nhat thirc?
1) cosx—sinx:ﬁsin(x+%J. 2) cosx—sinx:\/icos(XJr%j.
3) cosx—smx:\/ﬁsm(x—zj. 4) cosx—smx:\/ﬁsm(z—xj.
Al B. 2. C. 3. D. 4.

Loi giai
Ta co cosx—sinx=ﬁcos(x+%)=ﬁcos[%—(%—xﬂ:\/Esin(%—xj.

Cau 13: Néu cos(a+b)=0 thi khing dinh ndo sau day dung?



A. [sin(a+2b)|=[sina]. B. [sin(a+2b)| =]sinb].
C. [sin(a+2b)|=|cosa]. D. |sin(a+ 2b)| = [cosh|.
Loi giai

Taco: cos(a+b):0<:>a+b=%+k7z—>a=—b+%+k7z.

:>|sin(a+2b)|: :|cos(b+k7z)|:|cosb|.

sin(—b +2b +%+ kﬂj

Ciu 14: Néu sin(a+b)=0 thi khing dinh nao sau day dung?

A. [cos(a+2b)| =]sinal. B. |cos(a+2b)| =]sinb).
C. |cos(a+2b)| =|cosal. D. |cos(a+ 2b) =|cosh.
Loi giai

Taco sin(a+b)=0<=a+b=kzr—>a=-b+kx.
= ‘cos(a+ 2b)‘ = ‘cos(—b+ 2b + k;z)‘ = ‘cos(b+ k;z)‘ =|cosb].

Cau 15: Rut gon M =sin(x—y)cosy +cos(x—y)siny.

A. M =cosx. B. M =sinx.
C. M =sinxcos 2y. D. M =cosxcos 2y.
Loi giai

Ap dung cong thirc sin(a+b)=sinacosb +sinbcosa, ta dugc
M =sin(x—y)cosy+cos(x —y)siny =sin[ (x-y)+y|=sinx.

Cau 16: Rut gon M =cos(a+b)cos(a—b)—sin(a+b)sin(a—b).
A. M =1-2cos’a. B. M =1-2sina.  C. M =cos4a. D. M =sin4a.
Loi giai
Ap dung cong thirc cosxcosy —sinxsiny =cos(x + y), ta dugc

M =cos(a+b)cos(a—b)—sin(a+b)sin(a—b)=cos(a+b+a—b)=cos2a=1-2sin’a.

Cau 17: Ruat gon M =cos(a+b)cos(a—b)+sin(a+b)sin(a—b).
A. M =1-2sin’h. B. M =1+2sin’h.  C. M =cos4b. D. M =sin4b.
Loi giai
Ap dung cong thitc cosxcosy +sinxsiny = cos(x — y), ta dugc
M =cos(a+b)cos(a—b)+sin(a+b)sin(a—b)
=cos(a+b—(a—h))=cos2b=1-2sin’h.

Cau 18: Gia tri nao sau day cua x thoa man sin 2x.sin3x = cos2x.cos3x ?
A. 18°. B. 30°. C. 36°. D. 45°.

Loi giai



Ap dung cong thirc cosa.cosb —sina.sinb =cos(a+b), ta duge

SiN 2X.SIN3X = COS2X.COS3X <> COS2X.C0S3X —Ssin2x.sin3x =0

<:>cos5x=0<:>5x=%+k7z<:>x=£+k%.

Cau 19: Rutgon M :cos(x+%j—cos(x—%j.

A. M =/2sinx. B. M = —/2sinx. C. M =+/2cosx. D. M =—/2cosx.
Loi gidi

. . a+b . a-b
Ap dung cong thitc cosa—cosb = —ZSInT.SIn— , ta dugc

T T VA VA
- - X+—=—+X-—= X+——x+=
M =cos| x+ 2 |—cos| x=Z |=—2sin| — 4 4 |sjin| —4 4
4 4 2 2
:—25inx.sin%:—«/§sinx.
Ciu 20: Rut gon biéu thie M =tanx —tany .
sin( X+
A. M =tan(x-y). B. MzM.
COS X.COS Y
sin(x— nx—tan
com=Snxy) p. M - tAnx—tany
COS X.COS 'Y l+tanx.tany
Loi giai

sinx siny _sinxcosy-—cosxsiny _sin(x-y)
COSX COSY COSXCOS Y COSXCOSY

TacoM =tanx—tany =

Céu 21: Rut gon biéu thtc M = cos® (% + aj —cos? (% - aj.

A. M =sin2a. B. M =cos2¢. C. M =—-cos2a. D. M =-sin2a.

Loi giai

A (7 . V4 . (7
Vi hai goc (——a va | —+a | phunhau nén COS| ——« |=SIN| —+«a |.
4 4 4 4
Suyra M =cos?| Z+a |-cos?| Z—a |=cos?| Z+a |-sin’| Z+a
4 4 4 4

= cos(% + 2aj =-sin2¢.

Céu 22: Chon ding thirc dung.

2(7: a] 1-sina 2(7: a] 1+sina

A. COS"| —+— | = . B. cos’| —+— | = :
- 4 2 2 4 2 2

2(7[ aj 1-cosa 2(7[ aj 1+cosa

C.cos’| —+— |= : D. cos’| —+— | = :
4 2 2 4 2 2

Loi giai



Cau 23:

Cau 24:

Cau 25:

Cau 26:

Cau 27:

1+ COS[”-F aj

(7 a 2 1+sin(-a) 1-sina
Cos’| —+—|= = = .
2 2 2
sin(y —Xx
Goi M = SNY=X)
sinx.siny
1 1
A. M =tanx—-tany. B. M =cotx—coty C.M =coty—-cotx. D.M=—-—-—.
sinx siny
Loi giai
iny.cosx — .sinx  siny.cosx .sinx X
Tach: M — S yco_s fzosys _ s_ y c_os _093y s_ _ Cf)s _Cf)sy _ cotx—coty.
sinx.siny sinx.siny sinxsiny sinx siny
Goi M =cosx + cos2x + cos3x thi
1
A. M =2cos2x(cosx +1). B. M :4c032x.(§+cosxj.
C. M =cos2x(2cosx —1). D. M =cos2x(2cosx+1).
Loi giai
Ta c6: M =cOS X + €0S 2X + C0S3X = (€OS X + COS 3X ) + COS 2X
= 2C0S2X.COS X + €0S2X = C0S2X(2C0S X +1).
, 2 , Sin3X —sin X
Rut gon bi€u thte M = ————.
2c0s“x—-1
A. tan2x B. sinx. C. 2tan x. D. 2sinx.
Loi giai
. sin3Xx—sinxX 2c0s2Xsin X .
Ta co: > = =2sInX.
2cos° x -1 COS2X
» 1+ cos X+ Ccos2X + C0S3X
Rut gon biéu thuc A= 5 .
2C0s° X+cosx—1
A. COSX. B. 2cosx —1. C. 2cosx. D. cosx —1.
Loi giai
Taob: Ao (1+cos2x)+(cosx+c0s3x)  2c0s’ X + 2C0S 2XCOS X
' (Zcoszx—l)+cosx COS X + COS 2X
2c0s x(CoS X +€0S2X)
= = 2COSX.
COS X + COS2X
, 3 , fana —cota
Rut gon biéu thrc A= —  + C0S 2¢» .
tana +cota
A. 0. B. 2¢0s° X. C. 2. D. cos2x.
Loi giai

sineé  cosa  sin‘a —cos’a

) 2
. i i SIN“a —CO0S™
Ta c6 COSa Sl _ _ SINa.COSa~ _

sina , cosa T sin‘a+cos’a sinla +costa
cosa Sina sina.cosa

=sin’a —cos* @ = —C0S2cx .



Cau 28:

Cau 29:

Cau 30:

PHAN II.
sai.

Cau 1:

Do d6 A=—-cos2a +cos2a =0.

1+sinda —cosda

1+sinda +cosda
A. sin2a. B. cos2«. C. tan2«x . D. cot2« .

Rt gon biéu thirc A=

Loi gidi
Ta c6 :

_(1-cosda)+sinda  2sin’2a +2sin2acos2a  2sin 2a(sin 2a + c0s 2q)

= : = > - = : =tan2a.
(1+cosda)+sinda  2c0s”2a +2sin2c€0s2cc  2¢0S2a(Sin 2 + €OS 2ax)
. 3—-4c0s2a +cos4 . .
Bicu thuc A= d Y o két qua rat gon bang:
3+4c0s2a +cosda
A. —tan’a. B. tan‘a. C. —cot’a. D. cot’a.
Loi giai
Ta c6 c0s2a =1-2sin’ a;cosda = 2¢0s’ 2 —1=2(1- 2sin’ a)2 -1
3—4(1—23in2a)+2(1—23in2a)2—1 8sinZa —8sin? g +8sin’ «
Do d6: A= — = > 5 —=tan‘x.
3+4(2cos’a~1)+2(2cos’ o —1) —1 8C0S"a—8cos"a +8cos
. sin2¢ +sin
Rat gon biéu thitc A= arsine
1+ cos2a + cosa
A. tana. B. 2tanc. C. tan2a + tan c. D. tan2a.

Loi giai
sin2a +sine_ sina(2cosa +1) _sina(2cosa +1)

Tacdo A= 5
1+c0s2a +Cosa  2c0s°a +C0sa  cosa(2cosa +1)

=tanc .

Cau trac nghiém dung sai. Trong mdi y a), b), c), d) & mébi cau, thi sinh chon ding hoic

L 1 V4 . >
Cho biét sina = 3 va 5 < a < rr. Xét tinh ding sai cua cac ménh dé sau:

a) Cos =—M
3
b) sin2«a =—M
9
C) COS2cx :Z
9
d) cot2a :&
8
Loi giai
. T A
a) Dling: 3 <a <z néncosa<0.
242

. 1 8
Ta cd: cos’a =1-sina=1-=-==—=coSax = ———
9 9 3



Cau 2:

Cau 3:

b) Sai: Sin2a =2sinaCosa = 2%-(—

242) a2
3] 9

2
¢) bung: c0s2a =1-2sina =1- 2(%) =g

sin2a M2 1 742

d) Sai: tan2«a = - = Cot2a = =—
cos2a 7 tan 2« 8

X 1 3r Y our , ., , A A
Cho biét cos2a = 2 var<a< > Xét tinh dung sai cua cac ménh dé sau:

a) sina <0,cosa <0

b) sina:@
4

C) COSazﬁ
4

d) Cotazg

Loi giai

3r .
a) Pung: Vi 7z<a<7 nén Sina <0,cosax <0.

b) Sai: Ta c6: C0S2a = —l:>1—23in2a = —1:> sina = §:> sina = __@ .
4 4 8 4
¢) Sai: cosa =—1-sina =— fl—E = —ﬁ;
16 4
d) Ping: tanazmzﬁjcota:L:@
cosa 3 tan o 5

Cho biét sina = g,% < a < . Xét tinh dang sai cua cac m¢nh dé sau:
a) cosa <0

4
b) cosa =——

5
C) tanac:E

4

d) tan(a+£J=48_\@

3 11

Loi giai

a) Bang: Vi %<a<7z:>COSa<O.

- 4
b) Pung: Ta c6: cosa = —/1-sin‘a = =



Cau 4:

¢) Sai: tana = sha _ —E.
CoOSa 4

tana +tan >
o 3 tana ++/3

1—tanatan% 1-\3tana

d) Sai: Ta c6: tan (0{ + zj

3
T ‘z**/g —3+4\3 _48- 25[

Suy ra:tan| o +— |= 3 \/, 11

3 1_\/5(_4) 4+343

Cho biét sina = —%,3?” < a < 27 . Xét tinh dung sai cua cac ménh d¢é sau:
a) cosa >0
b) cosa = >

13
¢) tana = —E

5}
d) cos Z_a = ﬂ
3 26

Loi giai
a) Pung: Ta co: COS(% —a] = Cosgcosa + Singsin a
V3 ( 12) 1 643

:Ecosa+—- =—cosa———. Do —<a<27z:>005a>0
2 2 2 13 2

13
b) Pung: Ta c6 cosa =+1-sin’«a :%.

sin 12
¢) bung: tana = e 22
Cosc 5

d) Sai: cos(%—a]:_.__ _

. 1 T C ., A h
Cho biét sinx = ﬁ va 0<x< 3 Xét tinh ding sai cua cac ménh dé sau:

a) cosx>0

b) cosx=ﬁ
3

C) tanx=£
3

d) cos[x+£j=ﬁ.
3 8

Loi giai



Cau 6:

a) PBling: Vi O<x<% nén cosx >0.

. 1 : 1
b) Pung: Ta co: sinXx =—==>cosx =+1-sin’x = /l—g :g.

V3
c) Sai: tanX:m:Q
COS 2

d) Sai: cos(x+£]:cosxcos£—sin xsin L =22 — . —_— =
3 3 3

» 12 3, , S A
Cho biét cosx = 3 va T <X< > Xét tinh dung sai ciia cac ménh dé sau:

a) sinx>0
b) sinx=—i
13
C) cotx:i
12
d) sin(f—sz—S_lz‘@
3 26

Loi giai

o 3 . .
a)Salz\/1ﬂ<X<7nensmx<0.

2
b) Bing: Ta co: COSX=—%:>SinX=—\/1—COSZX:— 1—( 12] _2

13) 13’
c) Sai: COtX=C?ﬂ:E
sinx 5
d) Ptng: sin| Z —x —in® cosx— cos Fsinx = ¥3(_12) 1 5)_5-12V3
3 3 3 2\ 13) 2\ 13

26

Cho biét tanx =~/2 va 0< x <90°. Xét tinh dung sai ctia cac ménh dé sau:
a) cosx>0

b) cosx=£
3
c) sinx=§

3-4/6
6

d) cos(x—30°) =

Loi giai

a) Pung: Vi 0< x <90 nén cosx>0.



Cau 8:

1 3
b) Pung: Ta co: =1+tan’x=1+2=3=C0s*X == =>COSX = — .

2

COS* X 3
c) bung: Mat khac: tan x =ﬂ:sinx = tan xcosx:—6.
COS X 3
d) Sai: cos(x—30) cosxcos30° +sin xsin30 £ ﬁ —6-1=3+\/6
3 2 3 2 6

A H 5 \ \ 4 4 J 7 i . 5 , A A
Bi¢t sina = Tl tanb = o va a, b la cac goc nhon. Xét tinh diing sai cua cac ménh dé sau:

a) tana=E
15
21
b b
) sin(a—b)= o]
14
b)=>2
c) cos(a+h) >
17

d) tan(a+hb)=
Loi giai
a) Bang: Vi a,b 1a cac goc nhon nén cosa >0,cosb > 0.

Ta co: cosa:\/1—sin2a=g:>tana sina_8

cosa 15

b) Pung: cosb = ,/# —E:smb cosbtanb=— >
1+tan’b 13 13

Khi d6: sin(a—b):sinacosb—cosasinb—E-E—E-i 2l
17 13 17 13 221

¢) Sai: cos(a+b)=cosacosb—sinasinb—E-E—i-E 140

17 13 17 13 221

8.5
tana+tanb 15 12 171

1-tanatanb , 8 5 140’

d) Sai: tan(a+b)=

15 12

4 T T \ ’ 7 ’ . 5 , A A
Biet 0<a,b< E’a +b= Z va tanatanb=3- Zx/E. Xét tinh ding sai cua cac ménh dé sau:

a) tana +tanb = —2 + 24/2.
b) tana=-1++/2
¢) tanb=-1—+/2
d) tana—tanb=-2—2/2.
Loi giai



tana+tanb

a) Dung: tan(a+ b) - 1—tanatanb

= tana+tanb=tan(a+b)(1-tanatanb) ma a+b=%
va tan atanb=3—2\/§:>tana+tanb:tan%[1—(3—2\/§)]:—2+2\/§.

b) bung: bat S =tana+tanb;P =tanatanb.

Khi d6 tana,tanb 1a nghiém cta phuong trinh

X?=SX +P =0 X"~ (2/2-2)X +3-2/2=0 & X =-1+/2.
Suyra tana=tanb=—1++/2.

¢) Sai: tanb=-1++/2

d) Sai: tana—tanb=0

Cau 10: Cho sinazé %<a<7z Xét tinh ding sai ctia cac ménh dé sau:
a) COSaz—ﬁ
3
b) tana——&
5
c) cos( aj:
d) cos(——aj:
Loi giai
2
a) Pung: sinoczE Z<0¢<7z Ta co: cos’a =1-sina =1—- (zj =§jco5a:i§
32 3) 9 3
Vi£<a<7z nén COSaz—ﬁ
2 3
b) Dung: tana:m:_&.
Cos 5
c) Sai: COS 7 v a|=cosZcosa - sm—sma_l Vo __3'2:—\/5—%/5
3 3 3 2| 3 2 3 6
d) Sai: cos| = ~a =cos£c03a+sin£sina:£. —5 +_2.E__\/1_0+2\/§‘
4 4 4 2 | 3 ) 2 3 6

A , . ~ T \ y o , T PRY
Cau 11: Cho géc a thdéa man > <a <0 va cota =—3. Xét tinh ding sai cta cac phat bi€u sau:

a) sina >0



Cau 12:

J10

b) sinag =———
10

cosa —sina 10
cos’a +3sin*a +2cosar 21

2 2
d) {tanﬂTﬂthan(%—aﬂ +[cot137ﬁ+cot(7zr—a)} =20

¢)

Loi giai

a) Sai: Do %<a<0 nén sina <0.

. V10 -
b) Pung: sina =-——. Do % < <0 nénsing <0
10 2
. 1 V10
T hé thtc 1+ cot® o = — >—,suyraSina =— s = .
SIn“ o 1+cota 10
cosa —Sina 10
¢) bung: 3 — =—
cos’a +3sin“ o+ 2cosa 21
y cosa —Sina
Xét bieu thirc P =— —
cos’a +3sin” a + 2cosa
CoSa 1 ( , ) ( , )
N . «ind o cin? o cote|l+cot”a)—(1+cot”
Chia ca tir v mdu cho sinarta dugc P =30 @ S @ _ - -
CoS’ cosa cot"a+3+ 2cota(1+cot a)
—— +3+2——;
sin®«a sin«

Thay cota = -3 vao P tadugc P = 12—2 .

2 2
d) Plng : {tanﬂTﬂthan(%—aﬂ +[cotl37ﬂ+cot(77z—a)} =20

Ta co tanﬂ—ﬁ:tan(£+47zj:tan£:1 va tan(z—aj:cota.
4 4 4 2
. 137 T Vs
Va cot—— =cot| —+37 |=cot—=1; cot(77 —a)=—cota
4 4 4
2 2
Suy ra tanﬂ—ﬂthan(?—ﬂ—aJ +[cotB—”+cot(77z—a)}
4 2 4
= (1+cotx)’ +(1-cotx)’ =2+ 2cot? x = 2+2.(~3)* = 20.

3 . 3 ) 2
Cho Cosa:Z; sina>0; Slnbzg; cosb < 0. Xét tinh dung — sai cua cac phat biéu sau:



Cau 13:

a) Gia tri cua tana = ?7 .
e 2
b) Gia tri ciia cotb = 3
e n \ 1
c) Gid tri cua cos2a+ cos2b thudc khoang (Elj

1 1
d) Gia tri ciia cos(a+b) thudc khoang (—E;—g] .

Loi giai

— = tana= \/ 1 1= \/——1_ﬂ

COs™ a cos®a

3
L = cotbh = \/ L -1= \/——1——ﬂ
sin’b sin’a 3

¢) Sai :Ta co 0052a+c052b:2cosza—1+1—23in2b=2.2—2i 81 =0,405¢ 11
16 25 200 2

a) Ding : Ta c6 tan“a+1=

b) Sai: Ta c6 cot’b+1=

3 . 3
cosa= sinb=— -
d) Sai : 4 = sina=+/1-cos’ a_— va 5 = cosh =—/1-sin’b :—g.

sina>0 cosb <0
Suy ra cos(a+b)=cosacosb - smasmb_g 4 —ﬁ 3.3 1+ﬂ —L—l
4 4 5 5 4 2 3
Xét tinh dng sai ctia cac ménh dé sau:
1+sin2x
a) sin ==

b) Néu cosa L thi cos2a = !
3 9
c) Néu sinx =% vOl X € (0;%) thi sin2x = _Bf

d) Cho cosa:% véi ae(—%;Oj biét tan(a+%j:a+b\/5. (ab,cel, c>0) Khidé

a+b+c=0.
Loi giai
a) Sai: sin2x=m
1y 7
b) Dlng: C032a=2COSZa—1=2(§J —1=?
2
, ¢ e L2 3 /
¢)bing : Tacd cos"Xx=1-sin“x=1-|—| =—.
4 16



Cau 14:

V7

4 suy ra SIN2X = 2SiN X.COSX =

wis
4

w
oo
3

T
Vi XE[O;EJ nén cosX >0= cosx =

Nlw

d) Pung: Ta cé tan’a = ! 1= 1 _1:§

cosla (ij 4
3

Vi ae(—%;O] nén tana < 0= tang = —>

5

T
. tan o + tan — —+1
tan[a+—j= 4 __ 2 =_9+45

1—tana-tan% 1_[_\/§].1

2
Viy a=-9, b=4, c=5 nén ménh dé dung.

Xét tinh diing sai ctia cac phat biéu sau:
a) sin(a+b)=sinacosb +cosasinb.

b) sin31%.co0s12° +c0s12°.sin31° =sin19°.
4

c)Cho CoOsX=—, Xe (—Z;OJ. Gia tri cua sin2x la —% .
5 2 25

. 1 . 1—
d) Cho Slnazg va %<a<7z. Biét gia tri cua Cos[a—%]: Z\/E v6i a,bell thi

a+b=4.
Loi giai
a) Bung: Theo cong thirc cong sin(a+b) =sinacosb +cosasinb

b) Sai: Ap dung cong thirc cong: sin31%c0s12° + co0s12°%sin31° =sin(31° +12° ) =sin43°
) p dung cong Ong

¢)Pung : Ta co sin2x=1—coszx:1—E=3 :>sinx=—§.
25 25 5
Mait khac, vi XG(—%;O]:sinx<O.

Vay sin2x = 2sin X.CoSX = 2.5.(—% = 24

50 5) 25
d) Vi Sina=1,£<a<7znén COSaz—&_
32 3
Do d6 cos| o — = :COSa.COS£+Sina.sin£:—_2\/§_£+1_l:1_2\/5.
6 6 6 3 2 32 6

voi a=2,b=6.Tinh a+b=8.Nén a+b=41asai.



Cau 15: X¢ét tinh dng sai cua cac ding thirc sau:

a) sin x— 2 =£sinx+£cosx.
6 2 2
b) 4sinx.sin2x.sin3x =sin4x +sin2x —sin6x.

¢) 1+5in 2X +c0s 2X = 2+/2sin x.cos(x—%)..

d) sin®x+ 2sin(a— x).sinx.cosa +sin*(a—x) =cos’a.
Léi gii

B3

. A L , /4 . V4 . T . 1
a) Sai: Theo cong thirc cong ta c6 SIn X_E =sin X.COSE—COS X.SIN— = —SIN X — —COS X.

b) Pung: Ap dung quy tic tir tich sang tong, ta duoc:
4sin X.Sin2x.sin3x = 2(cos X — cos3x)sin 3x=sin4x +sin2x —sin6x.
Do d6 4sin x.sin2x.sin3x =sin4x +sin2x —sin 6x

¢) Sai: Ta ¢6 1+Sin2X +C0S2X = 2SiN XCOS X + 2C0S” X = 2€0S X(SiN X + COS X) .

) 1 . 1 T
Ma SInX+COSX=\/§ COSX—+SIN X— =\/§COS(X——}
( J2 \Ej 4

d) Ta co: sin” x+ 2sin(a - x).sin x.cosa +sin”(a—x)

=sin? x+sin(a—x).[sin(x+a)+sin(x—a)]+sin2(a—x)
=sin? x+sin(a—x).[sin(x+a)+sin(x—a)+sin(a—x)]
= sin? x+sin(a—x).[sin(x+a)+sin(x—a)—sin(x—a)]
1-cos2x cos2a—cos2x_1-cos2a _ . ,

=sin2x+sin(a—x).sin(x+a): 5 5 =sin‘a.

PHAN Ill. Cau tric nghiém tra 1&i ngan
Cau 1:  Tinh gié tri ciia biéu thic M = cos*15° —sin*15° + cos”15° —sin?15°.
Loi giai
Ap dung cong thirc nhan d6i cos”a—sin”a = cos2a.
Taco M =(cos'15° —sin*15° )+ (cos*15° —sin*15° ).
= (cos*15° —sin*15° )(cos*15° +sin°15° ) + (cos*15° —sin*15°).
=(cos’15° —sin”15° )+ (cos’15° —sin*15°) = cos30° + c0s30° = /3.

Cau2: Tinh gid tri ciia biéu thic M = cos®15° —sin®15°.



Cau 3:

Cau 4:

Cau 6:

Loi giai

Taco: cosa —sin®a = (cos2 a —sin? a)(cos“a +cos? a.sin‘a +sin4a)

- cosZoz.[(cos2 a +sin? a)z —cos? a.sin? a} = oS 2a.(1—%sin2 204].

Vay M =cos30°. 1—lsin2300 :ﬁ. 111 :15\/§z0,81
4 2 4 4 32
Gié tri ctia bidu thirc c0s2=c0sZ +sin—-sinZ 1a
30 5 30 5
Loi gii
Ta co cosicos£+sin£sin£:cos r_z = C0S z :£z0,87
30 5 30 5 30 5 6 2

. 5r T . T 5
SIN—CO0S— —SIN—C0S—
Gié tri ctia biéu thie P = 9 18 |
T T . T . T
COS—COS— —SIN—SIn—
4712 4”12

Loi giai

) sina.cosh —cosa.sinb =sin(a-b)
Ap dung cong thuc ) ) .
cosa.cosh —sina.sinb = cos(a+b)

.., .. brm T . T S50 . (57 =« /A
Khi d6 sin—c0os— —sIin—c0S— =SIn| ——— |=SIn— = —.
18 9 9 18 18 9 2

T T /A T T
Va coS—C0S— —SIn—SIN— =Cc0S| —+ — |=C0S— =
4 12 4 12 (4 12j

tan 225° — cot81°.cot 69° b
cot 261° + tan 201°

Loi giai

Gia tri dung cua biéu thirc

tan225° - cot81%cot69’  tan(180° +45°)—tan9°.cot69°

Ta co = .
cot 261° + tan 201° cot (180° + 810) +tan (180° n 210)

~1-tan9%tan21’ 1 1
tan9° + tan 21° tan(9° + 210) tan 30°

Gia tri ctia biéu thic M = Sinzsins—ﬂsirﬂ—ﬂsin& bang
24 24 24 24
Loi giai
o

, 7 L 11x T
Ta co6 SINn— =Cc0S— va SINn—— =C0S—.
24 24 24

, . T . 57 brx r 1 . V4 . o o
Do d6 M =sin—sin—c0S—c0S— = —.| 2.5sin—.c0S— |.| 2.5In—.c0S—
24 24 24 24 4 24 24 24 24



Cau 7:

Cau 8:

Cau 10:

1 .~ .5z 11 6r T 1 1 1
=—sih—.sih—=-—.—|coS—+Ccos— |=—.|0+= |=—= 0,06
4 12 12 42 12 3 8 2) 16

Gia tri cua biéu thuc A=sin i.cosi.cosi.cosl.cosz la
48 48 24 12 6

Loi giai
Ap dung cong thirc sin2a = 2.sina.cosa, ta co

. T T T T~ 1 . «x T T T
A = sin—.c0S—.C0S—.C0S—.CO0S— = —.SIN —.C0S—.C0S—.COS —
48 48 24 12 6 2 24 24 12 6

1 b \/5

1 .« T ~ 1 .« T ;
= —.8IN—.C0S—.C0S— = —.SIn—.C0S— = —.SiIh— =—~ 0,05
4 12 12 6 8 6 6 16 3 32

e R , 27 A 6
Tinh gia tri cia bicu thic M = C087 + C057 + COST.

Loi giai
a-b

. . . a+b .
Ap dung cong thurc sina—sinb = 2.cosT.smT.

Ta co Zsinz.M =2.cos2—7T.sin£+2.cos4—7r.sin£+2.cos6—7z.sinz
7 7 7 7 7 7 7
. 3r . rm® .57 .37 . Ir .5« LT LT
=Sin— —sin— +Sin— —sin— +Sin— —Sin— =—-Sin—+Sinz =—sin—.
7 7 7 7 7
A g 1R , 1
Vay gia tri biéu thuc M :—E.

. 4 .
Cho géc a thoa man %<a<7z va Slnazg. Tinh P =sin2(a + 7).

Loi giai

Ta cod P =sin 2(a+7z):sin(2a+27z):sin2a =2sinaCos« .

. 5 3
Ttr hé thic sin®a +c0s” @ =1, suy ra CoSa = +/1-sin’«a =J_rg.

Vs R 3
Do E<a<7r nén ta chon COSa:—g.

S) 25

-3)--Z~-0m.
5

. 4
Thay sina =g va COSaz—g vao P, tadugc P=2.—.

1+sin2a +cos2a

Cho goc o thda man O<a<Zva sina:E.Tinh P= -
2 3 Sina + CoS &
Loi giai
2sinacosa +2cos’ o 2cosa(sina +cosa)
sina + Cosa B Sina + cosa

Taco P= =2C0Sc .

. : 5
Tir hé thie sin® a +cos’a =1, suy ra Cosa = +y/1-sin’a =J_r£.



Cau 11:

Cau 12:

Cau 13:

Cau 14:

5 245

5
Do O<a<% nén ta chon COSa:?—>P:Tz1,49
L. 3 3 ]
Bict sin(z—a)=—= va r<a<>Z Tinh P=sm(a+£j.
5 2 6
Loi giai
.3 . .
Ta co —gzsm(ﬂ—a)zsma.
. : 4
Ttr hé thic sin®a +c0s”a =1, suy ra CoSa = +/1-sin’«a =J_rg.

3r 4
Do 7z<a<7 nén ta chon COSaz—g.

5

2

5

S tone- 5 2)-3 4] 2525

. T .
Suyra P=sin| a+— |=—SIna + -C0Sax = —
( 6) 2 2 2 10

Cho géc o théa man Sina :g. Tinh P :Sin(a +%jsin(a —%J
Loi giai

Ap dung cong thirc sina.sinb = %[cos(a ~b)—cos(a+b)], ta dugc

] T . T 1 T
P=sin|a+— |sin| ¢« ——= |=—=| cOS— —COS 2 |.
6 6 2 3

2
Ta co c03204=1—23in205=1—2.(§ =l.
5 25

11 7 11
Thay vao P, taduwgc P=—| ——— |=—~=0,11
2\2 25) 100

Cho goc o théa man Sina =%. Tinh P = cos4a.
Loi giai
2
Ta cb cos2a =1-2sin*a =1-2. 4 = —l.
5 25

Suy ra P =cosda = 2c0s° 2 —1= 2.£—1= _ﬁ =-0,8
625 625

. 4 3
Cho goc o théa man S|n2a=—g va Tﬂ<a<7z.Tinh P=sina—cosa.

Loi giai

3 sina>0 |
Vi —<a<7z suyra nén sinag —cosa >0.
4 cosa <0

. . 4 9 .
Ta co (Slna—COSa)z :1—S|n2a=1+g=g. Suy ra SIna —COSax =+

e

~-0,92



Do sina —cosa >0 nén Sing —coSa =

01|°°




